Linnik distribution with the characteristic function ~o,(tl = 1/(1 + Itl=), 0 < ~ < 2, is shown to possess the following property.
Introduction and statement of the theorem
Recently, the Linnik distribution -originally introduced by Ju.V. Linnik in 1953 (Linnik, 1963 -has attracted attention of a number of researchers (see e.g. Arnold, 1973; Devroye, 1986 Devroye, , 1990 Anderson, 1992;  * Corresponding author.
0167-7152/96/$12.00 ~, 1996 Elsevier Science B.V. All rights reserved SSDI 0167-7152(94)00252-5 S. Kotz, I.V. Ostrovskii/Statistics & Probability Letters 26 (1996) 61-64 Anderson et al., 1993; Devroye, 1993) . Although the characteristic function of this distribution is of a simple form, a general expression of the distribution is not easily attainable. 1 In this connection, any properties of the distribution such as a mixture representation which facilitates generation of Linnik random variables ought to be of interest. One such property is proved in the present note.
Recall that the generic definition of a Linnik random variable is given in terms of the characteristic function ~p~(t)=l/(l+ltl~), 0<~<2.
We shall denote the corresponding density by p, (x) . This density can be viewed as a generalization of the well-known Laplace (double exponential) density p2(x) = c-Ixl/2 for the case c~ = 2 (see, e.g. Johnson and Kotz, 1970) . The main result of the paper is the following theorem.
Theorem. For any 0 < ~ < fl <~ 2, the following equality is valid 
Corollary 1. For any ~ ~ (0, 2), Linnik distribution with characteristic function q~,(t) is a scale mixture of
Laplace distributions with characteristic functions ~02(t/s) = s2/(s 2 + t2), 0 < s < ~. By Steutel's theorem (Steutel, 1970) , any scale mixture of Laplace distributions is infinitely divisible. Therefore, Corollary 1 yields infinite divisibility of Linnik distributions. This fact is not new and was proved in Devroye (1990) . However, noting that any mixture of scale mixtures of Laplace distributions is again a scale mixture of Laplace distributions, we obtain a stronger result: any mixture of Linnik distributions is infinitely divisible. More precisely, the following result is valid. 
Proof of the theorem
Note, that the equality (1) Therefore the function q(z) is analytic in the cut out plane. Denote by GR,~ the simply connected region GR,,: = {z: ~ < Izl < R}\{z: s < z < R}, 0 < e <R ( > 1) and denote by t?Gg.~ its boundary traversed in the direction which leaves GR., from the left (the line interval {z: e < z < R } is being traversed twice in the opposite directions). By the Cauchy Residue Theorem, we have ~,~ 2~i a~,q(z)dz = 2~i(Residue of q(z) at z = -1) -1+ t °" S. Kotz, I.V. Ostrovskii / Statistics & Probability Letters 26 (1996) 61-64 Taking the limit of the last integral as R ~ oo, e, ~ 0, we arrive at rl'/')-1 d~ _ 2~zi (1 + z)(v "/a + t'e i~'/e) (1 + z)(z "/p + t'e -i~/~) 1 + t" Thus, the difference of the integrals appearing in the braces of (3) has been calculated to be equal to 2hi/(1 + t'). Substituting this value into (3), we arrive at (2). The theorem is thus proved.
